A fusion result of Glauberman has as a consequence the fact that a finite group admitting a fixed-point-free automorphism has a normal Sylow 2-subgroup (and in particular, is solvable) if all nontrivial fixed-point subgroups have odd order.
A NOTE ON FINITE GROUPS HAVING
is not involved in NG(Z(](P))), then Z(](P)) controls strong fusion in P with respect to G.
Lemma. A finite group G is 2-closed if and only if NG(Z(](P))) is
2-closed for every odd order Sylow subgroup P of G.
Proof. The "only if" direction is trivial, so assume that NG(Z(J(P))) Thus, S <3 G as required.
